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$E$ Banach , $C$ $E$ , $x\in E$
$C$ $(x). \Leftarrow\sup\Vert x$ $p\Vert$ , $f_{C}(x)=\Vert x-y\Vert$
$:oe’C$
$\in C$ $x$ . $(x|)=f_{\overline{co}C}(x)$
$C$ Lau [2] ([4]
$D(C)$ ) , $C$ $D(C)$
fc $($
$D(C):=\{x\in$
$z:\in C\dot{m}f$ $z-x$, $=-fc(x)$ for dl $x^{*}\in\partial fc(x)\}$
C) $E$ $G_{\delta}$ $C$ weakly compact
$x\in D(C)$ $C$ (Lau [2] ) $D(C)$ .
[4] Proposition 2.2 , $\overline{co}C$ , $D(C)=D(\overline{co}C)$
Proposition 1 ([4], Proosition 2.2). $C$ Banach $E$
, $x\in E$ , :
(i) $x\in D(C)$ ;
(ii) $z\in i_{\frac{nf}{co}}$ $d^{+}fc(x)(z-x)=-fc(x)$ ;




$C$ Banach $E$ , $x\in E$ $\overline{co}C$
$x$ , $C$ $x$ ?
, $E$
897 1995 7-10 7
: $\overline{N}:=N\cup\{0\}$ , $E$ $:=\ell^{\infty}(\overline{N})$ $e_{n}\in E$ $E$ canonical unit
vector , $n=1,2,$ $\ldots$
$a_{n}:=(1- \frac{1}{2^{n}})(e_{0}+e_{n})$ ; $b_{n}.=(1- \frac{1}{2^{n}})(e_{0}-e_{n})$
, $\Vert a_{n}-b_{m}||\geq 1/2,$ $\Vert a_{n}-a_{m}||\geq 1/2(n\neq m),$ $||b_{n}-b_{m}\Vert\geq 1/2$
$(n\neq m)$ , $C:=\{a_{n}|n\in N\}\cup\{b_{n}|n\in N\}$
suP $\{|$ $| |x\in C\}=1$ , $\Vert x\Vert=1$ $x\in C$ , $C$
$0$
$\frac{1}{2}(a_{n}+b_{n})=(1-\frac{1}{2^{n}})e_{0}arrow e_{0}$ $(narrow\infty)$
eo $\in\overline{co}C$ , $\overline{co}C$ $e_{0}$
Theorem 2. $C$ Banach $E$ weakly compact set, $x\in E$
$\overline{co}C$ $x$ , $C$ $x$
PROOF. $z\in\overline{co}C$ $C$ weakly compact , Krein-Smulian
(Dunford-Schwartz [1, Theorem V6.4]) , $C$ weak topology
probability Radon measure $\mu$
$z= \int_{C}yd\mu(y)$ (weak integral) $(*)$
$\varphi\in E^{*}$ $\Vert\varphi\Vert=1,$ $\langle z-x$ , $\varphi$ $\rangle=|$
, $(*)$
$\Vert z-x\Vert=\langle z-x,$ $\varphi\rangle=\int_{C}\langle y-x,$ $\varphi\rangle d\mu(y)$ . $(**)$
, $y\in C$ $\langle y-x,$ $\varphi\rangle\leq\Vert y-x\Vert\leq$ $|$ , $(**)$
$y\in supp\mu$ $\langle y-x,$ $\varphi\rangle=$ $|$
$y\in supp\mu\subset C$ $\Vert y-x\Vert$ $=|$ , $C$ $x$
$\square$




Definition. Banach $E$ $C$ $x\in C$ , $x$ $C$ denting
point , $\epsilon>0$ $x\not\in\overline{co}(C\backslash B_{\epsilon}(x))$
B$\epsilon$( $x$ $\epsilon$
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Proposition 8. $C$ Banach $E$ , $z\in\overline{co}C$
$\overline{co}C$ $x$ $z$ $\overline{co}C$ denting point $z\in C$
PROOF. $\epsilon>0$ , $z\not\in\overline{co}(\overline{co}C\backslash B_{\epsilon}(z))$ Hahn-Banach
$\varphi\in E^{*}$
$\sup\{\{y,\varphi\rangle|y\in\overline{co}(\overline{co}C\backslash B_{\epsilon}(z))\}<\langle z,$ $\varphi\rangle$
$\sup\{\langle y, \varphi\rangle|y\in C\backslash B_{\epsilon}(z)\}<\langle z,$ $\varphi\rangle$
, $C\cap B_{\epsilon}(z)=\emptyset$ $\sup\{\langle y, \varphi\rangle|y\in C\}<\langle z$, ,
$z\in\overline{co}C$ $\epsilon>0$ $C\cap B_{\epsilon}(z)\neq\emptyset$ , $z\in C$
6
Theorem 4. Banach $E$ denting point
, $C\subset E$ $x\in E$ , $\overline{co}C$ $x$
$C$
PROOF. $z\in\overline{co}C$ $x$ , $z$ $x$ $r:=\Vert z-x||$
, $z$ $\overline{B_{r}(x)}$ denting point $C\subset\overline{B_{r}(x)}$ $z$ $C$
denting point $z\in C$ $\square$
: Banach
$t$
$E$ locally uniformly convex , $\Vert xo\Vert=1,$ $\Vert x_{n}\Vert\leq 1(n=1,2, \ldots)$
$\Vert(x_{n}+x_{0})/2\Vertarrow 1$ $x_{n}arrow X_{0}$
Proposition 5. $E$ locally uniformly convex , $E$
denting point
PROOF. $x0\in E,$ $\Vert x_{0}\Vert=1$ $x0$ $E$ $B$ denting point
, $\epsilon>0$ $x_{0}\in\overline{co}(B\backslash B_{\epsilon}(x_{0}))$ $\varphi\in E^{*}$ $\Vert\varphi\Vert=1$ ,
$\langle x0,$ $\varphi\rangle=1$ $\lambda:=\sup\{\langle x, \varphi\rangle|x\in B\backslash B_{\epsilon}(xo)\}=1$
, $\{z\in E|\langle z, \varphi\rangle=\lambda\}$ $x_{0}$
$\overline{co}(B\backslash B_{\epsilon}(x_{0}))$ $x_{0}\in\overline{co}(B\backslash B_{\epsilon}(x_{0}))$
$B\backslash B_{\epsilon}(xo)$ $\{x_{n}\}$ $\{x_{n},$ $\varphi\ranglearrow 1$
$\{\frac{1}{2}(x_{n}+x_{0}),$ $\varphi\}arrow 1$ $\Vert\frac{1}{2}(x_{n}+x_{0})\Vertarrow 1$
, $E$ locally uniformly convex $x_{n}arrow x_{0}$ ,
$x_{n}\in B\backslash B_{\epsilon}(xo)$ $\square$
9
: Trojanski locally uniformly convex space 1
:
Theorem 6( ojanski). $E$ weakly compactly generated Banach (
separable reflexive ) , $E$ locally
uniformly convex
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